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a b s t r a c t
The modal-pushover-based-scaling (MPS) procedure has been developed for appositely selecting and
scaling earthquake records for nonlinear response history analyses (RHAs) of multi-story symmetric-plan
and single-story unsymmetric-plan buildings. This procedure is extended here to unsymmetric-plan
buildings with signiﬁcant torsional response under bi-directional earthquake excitations. The accuracy
of the procedure is evaluated by using three-dimensional computer models of nine unsymmetric-plan
buildings with 5, 10 and 15 stories. These models were subjected to nonlinear RHAs considering sets
of seven far-ﬁeld records selected and scaled according to the extended modal-pushover-based-scaling
(EMPS) procedure. Structural responses were compared against benchmark values, deﬁned as the median
values of the engineering demand parameters (EDPs) due to a larger set of unscaled far-ﬁeld records. Also
examined here is the ASCE/SEI 7-10 scaling procedure for comparison purposes. This study clearly shows
that the EMPS procedure provides much superior results in terms of accuracy (true estimates of expected
median EDPs) and efﬁciency (reduced record-to-record variability of EDPs) than the ASCE/SEI 7-10 scaling procedure for far-ﬁeld ground motions. Thus, the EMPS is deemed to be an appropriate procedure for
nonlinear RHAs of multi-story unsymmetric-plan buildings.
Ó 2015 Elsevier Ltd. All rights reserved.

1. Introduction
Performance-based procedures for evaluating existing buildings
and proposed designs of new buildings in the U.S. require response
history analyses (RHAs) for an ensemble of earthquake records in
order to determine engineering demand parameters (EDPs) for validation of targeted performance criteria. Earthquake records
selected for RHAs often need to be scaled to a seismic hazard level
considered. Fraught with several challenging issues, selection and
scaling of ground motions necessary for nonlinear RHA remains
the subject of much research in recent years.
Among the many procedures proposed to modify ground
motion records, the most widely used approaches are amplitude
scaling and spectrum matching [1]. The objective of amplitude
scaling procedures is to determine scaling factors for a small number of records such that the scaled records provide an accurate
estimate of structural responses, and, at the same time are efﬁcient, i.e. reduce the record-to-record variability (dispersion) of
responses. The term ‘‘accuracy’’ means that the scaled records
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should provide median (or mean) responses close to the ‘‘exact’’
responses considering large population of records compatible with
the hazard conditions speciﬁed. The term ‘‘efﬁciency’’ means that
ground motions after scaling to the design (target) spectrum
should impose similar seismic demands to the structure. While
large record-to-record variability in EDPs leads to uncertainties
in design and diminishes the conﬁdence level, small recordto-record variability (dispersion) indicates that scaled records represents well the target demand level. Thus, a reliable scaling
method should not only produce accurate but also efﬁcient
estimates of EDPs.
In earlier approaches, ground motion records were scaled to
match a target intensity measure such as peak ground acceleration,
effective peak acceleration, arias intensity, or effective peak velocity [2,3]. These approaches are generally inaccurate and inefﬁcient
for structures responding in the nonlinear range [3,4]. Scaling of
records to match the target spectrum at the fundamental vibration
period of the structure provides improved results for elastic structures whose response is dominated by its ﬁrst-‘‘mode’’ of vibration
[5]. However, if the contributions of higher modes are important or
the structure deforms signiﬁcantly into the inelastic range, this
scaling method becomes less accurate and less efﬁcient [3,6,7].
Modiﬁcations of this method considering the target spectrum
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ordinates at the ﬁrst and second vibration periods have been proposed [8,9]; however, efﬁciency of these modiﬁed methods is compromised for near-fault records with a dominant velocity pulse
[10]. To account for higher-mode contributions to response and
lengthening of the apparent vibration period after the structure
deforms into the inelastic range, the scaling factor for a ground
motion record can be chosen to minimize the difference between
its elastic response spectrum and the target spectrum over a period
range [11–16]. Because the preceding methods do not consider
explicitly the nonlinear behavior of the structure, they may not
be appropriate for near-fault sites where the inelastic deformations
can be signiﬁcantly larger than the deformations of the corresponding linear system [7,17–19]. For such sites, scaling methods
that are based on the inelastic deformation spectrum or consider
the response of the ﬁrst-‘‘mode’’ inelastic single-degree-of-freedom (SDF) system are more appropriate [16,20,21]. These ideas
were utilized by Kalkan and Chopra [22] to develop a modal-pushover-based-scaling (MPS) procedure for selecting and scaling
earthquake ground motion records in a form convenient for evaluating existing structures and proposed designs of new structures.
This procedure explicitly considers structural strength, determined
from the ﬁrst-‘‘mode’’ pushover curve, and determines a scaling
factor for each record to match a target value of the deformation
of the ﬁrst-‘‘mode’’ inelastic SDF system. The MPS procedure has
been proven to be accurate and efﬁcient for low-, medium-, and
high-rise buildings with symmetric plan [22–24] and ordinary
standard bridges [25,26] subjected to one component of ground
motion.
Scaling two horizontal components for use in three-dimensional (3D) analysis of buildings has received less attention.
Researchers have proposed that both components of a record be
scaled by the same factor, selected to match their geometric mean
spectrum to the target spectrum over a period range [12,27]. For
far-fault sites, the ASCE/SEI 7-10 standard [28] requires that the
ground motion records be scaled so that the average value of the
square-root-of-sum-of-squares (SRSS) spectra for all horizontalcomponent pairs does not fall below the target spectrum. Beyer
and Bommer [27] present a comprehensive summary of various
aspects that should be included in the process of selecting and
scaling two components of ground motions. They conclude that
selecting and scaling records according to their ‘‘goodness-of-ﬁt’’
with the target spectrum leads to efﬁcient estimates of median
responses. Recently, Reyes and Chopra [29] extended the MPS procedure for one component of ground motion (mentioned above) to
two horizontal components. In summary, most existing scaling
procedures may not be appropriate for the following cases: (1)
near-fault sites where the inelastic deformation can be signiﬁcantly larger than the deformation of the corresponding linear system [3,4,7]; (2) tall buildings where the higher mode responses are
signiﬁcant [24]; (3) unsymmetric-plan buildings where various
coupled lateral torsional vibration modes may provide comparable
contributions to response. Clearly, there is a need to develop procedures for selection and scaling of ground motions to be used in
nonlinear RHA of unsymmetric-plan buildings, ranging from lowrise to high-rise buildings subjected to multi-component ground
motions.
Lastly, Reyes and Quintero [30] proposed a new version of the
MPS procedure for single-story unsymmetric-plan buildings. In
order to generalize the ﬁndings from single-story systems to
multi-story systems, it is essential to perform further validation
and veriﬁcations of the MPS procedure using realistic multidegree-of-freedom (MDF) systems. This paper extends this procedure to multi-story unsymmetric-plan buildings. In addition, the
developed procedure is compared against the ASCE/SEI 7-10 scaling procedure for far-ﬁeld ground motions. Based on results from
nine multi-story unsymmetric-plan buildings with various plan

shapes and heights, it is shown that the EMPS procedure provides
much superior results in terms of accuracy and efﬁciency than the
ASCE/SEI 7-10 scaling procedure. This manuscript is the ﬁrst study
evaluating the ASCE7-10 and EMPS ground motion scaling procedure for irregular plan multi-story realistic structural systems.
The ASCE7-10 procedure has been the common practice in U.S.
for design veriﬁcation of important structures, which often have
irregular plans; thus, our study ﬁlls an important gap by showing
the limitations of this ground motion scaling procedure and by
examining its accuracy and efﬁciency considering various different
types of plan irregular buildings.
2. Extended MPS procedure (EMPS)
3D analysis of buildings requires the use of the two horizontal
components of the ground motion records. In current versions of
the MPS procedure, the two components are scaled independently
in order to increase the accuracy, efﬁciency and effectiveness of the
method [29,30]. However, these investigations have been limited
to the analysis of multi-story symmetric-plan and single-story
un-symmetric plan buildings. In this investigation, the scale factors
are estimated using roof displacements at the center of mass (C.M.)
instead of deformation of the ﬁrst-‘‘mode’’ inelastic SDF system
[30]. Scaling factor (SF) for each ground motion is obtained independently for each horizontal direction by solving the following
nonlinear equation:

^r ¼ 0
ur  u

ð1Þ

where ur is the peak roof displacement calculated by implementing
the uncoupled modal response history analysis (UMRHA) [31,
^ r is the target roof displacement. In practical
chapter 20], and u
implementation, the target roof displacement may be estimated
from the response spectrum by combining inelastic ‘‘modal’’ displacements, just as for linear systems. This application of modal
combination rules to nonlinear systems obviously lacks a rigorous
theoretical basis, but seems reasonable if the modes are weakly
coupled [31, chapter 20].
The EMPS procedure is implemented here in three phases: (1)
target roof displacement and pushover analyses, (2) scaling phase,
and (3) selection phase. The step-by-step procedure is presented
below in a general form, valid for 3D analysis of multi-story
buildings.
2.1. Target roof displacement and pushover analyses
b x and A
b y , in this
(1) For a given site, deﬁne the target spectra A
study, taken as the median of the 5% damped pseudo-acceleration response spectra of two components of the records.
For a selected earthquake scenario, it is commonly assumed
that response spectra and EDPs are log-normally distributed
[32]. For this reason, it is more appropriate to represent the
‘‘mean’’ structural response by the median; a conclusion that
is widely accepted. Because the geometric mean and median
of a random variable having a log-normal distribution are
the same, we decided to employ the term ‘‘median’’ instead
of geometric mean, as is commonly done.
The use of the median spectrum as the target spectrum is
not a constraint of the proposed EMPS procedure; any other
target spectrum (e.g., 84th percentile target spectrum) can
be utilized.
(2) Compute the natural frequencies xn (periods T n ) and modes
/n of the ﬁrst few modes of linear-elastic vibration of the
building. For each ground motion component direction (x
or y), identify the ﬁrst, second and third modes as the three
modes with the largest effective modal mass.
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(3) Develop the base shear-roof displacement, V bn  urn , relation
or pushover curve by nonlinear static analysis of the building subjected to the nth-‘‘mode’’ invariant force distribution
[33–35]:

2

m/xn

3

6
7
sn ¼ 4 m/yn 5

b n was computed as the median value of the peak deformaD
tions of the ﬁrst-‘‘mode’’ inelastic SDF system due to an
ensemble of unscaled records; our interest is to test the proposed EMPS procedure, not existing C Rn equations [29].

2.2. Scaling phase

Io /hn
where m is a diagonal matrix of order N with mjj ¼ mj , the
mass lumped at the jth ﬂoor level; Io is a diagonal matrix of
order N with Iojj ¼ Ioj , the moment of inertia of the jth ﬂoor
diaphragm about a vertical axis through the center of mass
(C.M.); and subvectors /xn ; /yn , and /hn of the nth mode /n
represent x, y and h components of ground motion, respectively. Gravity loads are applied before the lateral forces
causing lateral displacement urg at the roof. This step should
be implemented only for the ﬁrst three ‘‘modes’’ in the direction under consideration; this step may be omitted for the
higher-‘‘modes’’ if they are treated as linear-elastic [31,
chapter 20].
(4) Idealize the V bn  urn pushover curve as a bilinear or trilinear
curve, as appropriate, and convert it into the force–deformation, ðF sn =Ln Þ  Dn , relation for the nth-‘‘mode’’ inelastic SDF
system using well-known relationships [31, chapter 20]:

F sn V bn
¼ 
Ln
Mn

urn
Dn ¼
Cn /rn

where F sn is a nonlinear hysteretic function of the nth modal
coordinate, M n the effective modal mass for the nth-‘‘mode’’,

2

C¼

Ln
/T Mi
¼ Tn
Mn /n M/n

3

2 3
2 3
m 0 0
1
0
6
7
6 7
6 7
M ¼ 4 0 m 0 5 ix ¼ 4 0 5 iy ¼ 4 1 5:
0 0 Io
0
0

1 and 0 are vectors of dimension N with all elements equal to
one and zero, respectively. /rn is the value of /n at the C.M. of
the roof. Starting with this initial loading curve, deﬁne the
unloading and reloading branches appropriate for the structural system and material being considered. Recall that this
step should be implemented only for the ﬁrst three ‘‘modes’’
in the direction under consideration.
^ r . For a sys(5) Establish the target value of roof displacement u
tem with known vibration period T n , damping ratio fn , and
force–deformation curve (step 3), determine the peak deformation Dn for the nth-‘‘mode’’ inelastic SDF system due to
€ g ðtÞ by solving:
each of the unscaled ground motions u

€ n ðtÞ þ 2fn xn D_ n ðtÞ þ F sn ¼ u
€ g ðtÞ ! Dn
D
Ln
Multi-story buildings may be treated as linearly elastic in
computing the peak deformation Dn for ‘‘modes’’ higher than
b n as the median of the Dn
the ﬁrst three ‘‘modes’’. Compute D
values. Compute roof displacement in the direction under
consideration of the nth-‘‘mode’’ as

bn
^ rn ¼ Cn /rn D
u
Compute the roof displacement in the direction under con^ r from values of u
^ m using a suitable modal comsideration u
bination method (e.g., complete quadratic combination). In
b n can be compractical applications, target deformation D
b n ¼ C Rn D
b no , where C Rn is the inelastic deformation
puted as D
ratio,
estimated
from
empirical
equations
[19],
b n , and A
b n is the target pseudo-spectral accelb no ¼ ðT n =2pÞ2 A
D
eration at period T n . However, in this study, the deformation

(6) Compute the scale factor SF for each record in the direction
under consideration solving the following nonlinear
equation:

^r ¼ 0
ur  u
where ur is the peak roof displacement at the C.M. in the
direction under consideration due to the scaled records.
Because this equation is nonlinear, SF cannot be determined
a priori, but requires an iterative procedure as shown below:
a. Select an initial value of the scale factor SF, and compute
deformation Dn ðtÞ for the nth-‘‘mode’’ inelastic SDF due to
the scaled record by solving:

€ n ðtÞ þ 2nn xn D_ n ðtÞ þ F sn ¼ SF  u
€ g ðtÞ ! Dn ðtÞ
D
Ln
b. Compute roof displacement of the nth-‘‘mode’’ in the direction under consideration:

urn ðtÞ ¼ Cn /rn Dn ðtÞ
c. Compute roof
consideration:

displacement

in

the

direction

under

!


X


ur ¼ max  urn ðtÞ

 n
^r
d. Estimate error: e ¼ ur  u
e. Adjust the value of the scale factor SF, and repeat steps ‘‘a’’ to
‘‘d’’ until e is less than a tolerance value.
In this study, step ‘‘e’’, which must be implemented for all records,
was implemented by a numerical algorithm. By developing steps
‘‘a’’ to ‘‘e’’, separately for the x and y components of the record,
scale factors SF x and SF y are determined. Note that pushover curves
(step 3), and target roof displacement (step 5) will be different for
the two horizontal components [34,35]. Reyes and Chopra [29]
demonstrated that it may not be possible to achieve accurate estimates of EDPs if both horizontal components of a record are to be
scaled by the same factor, unless the only records selected are
those that the peak ﬂoor displacement due to each unscaled component is close to the target value. Unfortunately, such a restriction
will reduce the number of useable records and, in particular, eliminate near-fault records because their fault-normal and fault-parallel components are known to be very different due to directivity
effects and ﬂing [36]. Furthermore, such a constraint may not
achieve the desired objectives of accuracy and efﬁciency if the target roof displacements in the two directions are very different
because of different lateral-force-resisting systems. To overcome
these restrictions, two different scaling factors for the two components of a record is an alternative option. Seismologists may ﬁnd
this approach to be questionable because it does not preserve focal
mechanism and wave travel path effects, inherent in recorded
motions. However, if the goal of any scaling procedure is to estimate the EDPs accurately—where the benchmark values are determined from a large set of unscaled records, which obviously
preserve all the seismological features then such an approach is
justiﬁed [29].
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2.3. Selection phase
(7) Select the ﬁrst k records with the lower values of:

Error ¼

 

6 
X

b x ðT i Þ þ SF y Ay ðT i Þ  A
b y ðT i Þ
SF x Ax ðT i Þ  A
i¼4

b x and A
b y are vectors of spectral values A
b i at different periods
where A
Ti (Ti = T4,T5,T6,); Ax and Ay are vectors of spectral values for the
unscaled records over the same period values. The selection phase
considers the higher modes to select the ﬁnal set of records to be
used in RHAs. The ﬁrst k records with the lower values of the equation shown above will be those whose spectrum best ﬁts the target
spectrum in the periods T 4 ; T 5 , and T 6 . In this study, we use k ¼ 7:
The procedure presented differs from the MPS procedure for
single-story unsymmetric plan buildings [30] in the selection
phase. In this study, selection was made considering spectrum
shape only at periods T4, T5 and T6, not in the range from 0.2T1 to
1.5T1. In building codes, nonlinear RHA is not for preliminary
design, but veriﬁcation of ﬁnal design of special structures (such
as tall or irregular buildings), structures with innovative structural
systems and materials, or structures on soft soil. In such structures,
common practice is to complete elastic code-based design ﬁrst,
and then conduct nonlinear static analysis for validation of performance objective. Nonlinear RHA is conducted at the ﬁnal stage for
validation and veriﬁcation. Because nonlinear static analysis is
conducted as ‘‘a priori’’, the strength and deformability of the
structure becomes available for scaling records according to the
EMPS procedure.

were not intense enough to drive the buildings considered far into
the inelastic range—an obvious requirement to test any scaling
procedure—they were pre-ampliﬁed by a factor of 4.0. These preampliﬁed ground motions are treated as ‘‘unscaled’’ records for this
investigation. Shown in Fig. 1 are the 5%-damped median response
spectra for x and y components of the original ground motions. The
median spectrum is taken as the target spectrum for purposes of
evaluating the EMPS and other scaling procedures. It should be
noted that our objective was to create a sample of records from a
representative subset of a population of already recorded and not
yet recorded ground motions under similar magnitude, distance
and site conditions. The best way to avoid a biased or unrepresentative sample is to select a random sample. Therefore, selection of
30 records from the representative subset of the population was
conducted randomly. This process statically allows us to treat the
median spectrum of this random sample as the ‘‘true’’ target spectrum. Because all records were up-scaled with the same scaling
factor, the assumption of random sampling was not violated.
The structures were subjected to sets of seven records scaled
according to the EMPS and ASCE7 procedures, and their responses
were compared against the benchmark values, deﬁned as the median values of the EDPs obtained from nonlinear RHA of the structure subjected to 30 unscaled records [23,25,29,30,39–42]. These
records are from multiple events, and their spectral shapes show
signiﬁcant aleatoric variability (Fig. 1). We believe that this large
randomly populated set provides unbiased estimates of ‘‘true’’
(expected) median response considering the hazard conditions
speciﬁed.

3. ASCE/SEI 7-10 scaling procedure for far-ﬁeld ground motions

5. Structural systems

For far-ﬁeld ground motions, the ASCE/SEI 7-10 standard
(henceforth abbreviated as ASCE7) requires that both components
of an earthquake record be scaled by the same factor, determined
to ensure that the average of the SRSS response spectra over all
records does not fall below the corresponding ordinate of the target spectrum over the period range 0:2T 1 to 1:5T 1 . The SRSS spectrum is computed for the 5%-damped response spectra for the two
horizontal components of ground motion. The design value of an
EDP—member forces, member deformations, story drifts, etc.—is
taken as the average value of the EDP if at least seven scaled
records are used in the analyses, or the maximum value of the
EDP, otherwise. Various combinations of scaling factors for individual records can satisfy the preceding requirement for the average
SRSS response spectrum. To achieve the desirable goal of scaling
each record by a factor as close to one as possible, the ASCE7 procedure was implemented using a modiﬁed version of the approach
described in Appendix A of Ref. [29]. The records were selected by
minimizing the discrepancy between the scaled spectrum of a
record and the target spectrum over the period range from 0:2T 1
to 1:5T 1 , and then identifying the ﬁnal set of records as those with
spectral acceleration values at T 1 close to the target spectrum. This
selection procedure was proposed by Reyes and Kalkan [37,38] and
is not part of the requirements of the ASCE7. In the implementation
of the ASCE7 procedure, the target pseudo-acceleration spectrum
was taken as the average of the target spectra for both horizontal
components.

The structures considered are nine un-symmetric plan hypothetical buildings with 5, 10 and 15 stories. These buildings were
designed according to the 2009 International Building Code [43]
to be located in Los Angeles, California, and they cover the levels
of horizontal irregularity deﬁned in the ASCE7. The lateral resisting
system of the buildings consists of steel special moment resisting
frames (SMRF). Their plan shapes are shown in Fig. 2, where the
moment resisting frames are highlighted. The buildings are identiﬁed by the letters R, L and T followed by the number of stories:
plan R is approximately rectangular, plan T is symmetric about
the y axis, and plan L is un-symmetric about both x and y. The
buildings have similar plan areas and ﬂoor weights, with a span
length of 30 ft (9.14 m) and a story height of 10 ft (3.05 m). The
earthquake design forces were determined by bi-directional linear
response spectrum analysis of the building with the design
spectrum reduced by a response modiﬁcation factor R = 8. However, member sizes were governed by drift limits instead of
strength requirements.
To verify that the selected buildings cover a broad range of torsional irregularities, the following factor was calculated for each
building [28]:

4. Ground motions selected
The 30 records selected for this investigation (listed in Table 1)
were recorded from seven shallow crustal earthquakes with
moment magnitude M W ¼ 6:7  0:2, at distances (RJB) ranging from
20 to 30 km, and with NEHRP site classiﬁcation C (very dense soil
or soft rock) or D (stiff soil). Because the ground motions selected

b ¼ Dmax =Dav erage

ð2Þ

where Dmax is the maximum story drift and Dav erage is the average
story drift at the two ends of the structure. The level of torsional
irregularity was qualiﬁed as recommended in the ASCE7 standard
as:
(i) Not torsional irregularity: b < 1:2,
(ii) Torsional irregularity: 1:2 6 b 6 1:4 and,
(iii) Extreme torsional irregularity: b > 1:4.
The buildings selected cover these three levels of torsional
irregularity as demonstrated in Table 2, where the values of irregularity factor b are shown in ascending order. Fig. 3, showing

129

J.C. Reyes et al. / Engineering Structures 88 (2015) 125–137
Table 1
List of 30 far-ﬁeld ground motion records.
ID

Earthquake name

Year

Station name

Mw

RJB (km)

NEHRP site class

1
2
3
4
5
6
7
8
9
10
11
12
13
14
15
16
17
18
19
20
21
22
23
24
25
26
27
28
29
30

San Fernando
San Fernando
Imperial Valley-06
Imperial Valley-06
Imperial Valley-06
Imperial Valley-06
Imperial Valley-06
Irpinia, Italy-01
Superstition Hills-02
Loma Prieta
Loma Prieta
Loma Prieta
Loma Prieta
Loma Prieta
Loma Prieta
Loma Prieta
Northridge-01
Northridge-01
Northridge-01
Northridge-01
Northridge-01
Northridge-01
Northridge-01
Northridge-01
Kobe, Japan
Kobe, Japan
Kobe, Japan
Kobe, Japan
Kobe, Japan
Kobe, Japan

1971
1971
1979
1979
1979
1979
1979
1980
1987
1989
1989
1989
1989
1989
1989
1989
1994
1994
1994
1994
1994
1994
1994
1994
1995
1995
1995
1995
1995
1995

LA – Hollywood Stor FF
Santa Felita Dam (Outlet)
Calipatria Fire Station
Delta
El Centro Array #1
El Centro Array #13
Superstition Mtn Camera
Brienza
Wildlife Liquef. Array
Agnews State Hospital
Anderson Dam (Downstream)
Anderson Dam (L Abut)
Coyote Lake Dam (Downst)
Coyote Lake Dam (SW Abut)
Gilroy Array #7
Hollister – SAGO Vault
Castaic – Old Ridge Route
Glendale – Las Palmas
LA – Baldwin Hills
LA – Centinela St
LA – Cypress Ave
LA – Fletcher Dr
LA – N Westmoreland
LA – Pico & Sentous
Abeno
Kakogawa
Morigawachi
OSAJ
Sakai
Yae

6.6
6.6
6.5
6.5
6.5
6.5
6.5
6.9
6.5
6.9
6.9
6.9
6.9
6.9
6.9
6.9
6.7
6.7
6.7
6.7
6.7
6.7
6.7
6.7
6.9
6.9
6.9
6.9
6.9
6.9

22.8
24.7
23.2
22.0
19.8
22.0
24.6
22.5
23.9
24.3
19.9
19.9
20.4
20.0
22.4
29.5
20.1
21.6
23.5
20.4
29.0
25.7
23.4
27.8
24.9
22.5
24.8
21.4
28.1
27.8

D
C
D
D
D
D
C
C
D
D
C
C
D
C
D
C
C
C
D
D
C
C
D
D
D
D
D
D
D
D

Pseudo-aceleration A, g

1.8

y-direction

x-direction

1.2

ith record spectrum
Geometric mean
spectrum

0.6

0
0

0.5

1

1.5

2

2.5

Natural Vibration Period, sec

3

0

0.5

1

1.5

2

2.5

3

Natural Vibration Period, sec

Fig. 1. Geometric-mean pseudo-acceleration response spectra of 30 records for 5% damping; individual response spectra of the records are also shown.

effective modal masses of the buildings permits the following
observations: (1) Lateral displacements dominate motion of the
R-plan and L10 buildings in modes 1 and 2, whereas torsion dominates motion in the third mode, indicating weak coupling between
lateral and torsional components of motion. (2) Coupled lateraltorsional motions occur in the ﬁrst and third mode of L05, T05
and T10 buildings whereas lateral displacements dominate motion
in the second mode. (3) Lateral displacement dominates motion in
the ﬁrst mode, whereas coupled lateral-torsional motions occur in
the second and third mode of T15 plan. For these reasons, it is
expected that the contribution of higher modes be important in
the selection and modiﬁcation of seismic records, especially in
structures where the effective mass of the fundamental mode is
low. Note that all these conclusions are drawn from linear analysis;
nonlinear behavior may attenuate or increase the lateral torsional
motions of the buildings. Further details of the structural systems
including their fundamental periods, mode shapes, etc. can be
found in Refs. [40–42].
Nonlinear RHA and pushover analyses for these buildings were
conducted using PERFORM-3D [44]. The following features were

used in modeling the buildings: (1) girders and columns were
modeled by a linear element with tri-linear plastic hinges at the
ends of the elements that can include in-cycle strength deterioration, but not cyclic stiffness degradation; axial load-moment interaction for the columns was based on plasticity theory; (2) panel
zones were modeled as four rigid links hinged at the corners with
a rotational spring that represents the strength and stiffness of the
connection; (3) ductility capacities of girders, columns, and panel
zones were speciﬁed according to the ASCE/SEI 41-06 standard
[45]; (4) columns of moment resisting frames were assumed to
be ﬁxed at the base, whereas gravity columns were considered pinned at the base; and (5) effects of nonlinear geometry were
approximated by a standard P–D formulation for both moment
and gravity frames.
6. Evaluating EMPS and ASCE7-10 procedures
The EMPS and ASCE7 procedures were implemented to select
and scale sets of seven records; the evaluation procedure used in
this paper was also used in Refs. [23,29,30,39–42]. In this paper,
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Fig. 2. Plan views of nine unsymmetric-plan buildings.

Table 2
Torsional irregularity factors.
Building

R05

R15

R10

L10

L15

T15

L05

T10

T05

b

1.00

1.10

1.13

1.20

1.26

1.30

1.35

1.41

1.43

R05

R10

R15

L05

L10

L15

T05

T10

T15

100

Mn*/Total Mass, %

50
0
100
50
0
100
50
0

1

2

3

Traslational
X
T

1

2

3

Traslational Y

1

2

Rotational

Modes of vibration
Fig. 3. Effective modal masses Mn⁄ of buildings selected.

3

it is assumed that the EDPs are log-normally distributed. This
assumption was tested by constructing probability plots of various
EDPs. As an example, Fig. 4 shows a probability plot of ﬁrst story
drift values obtained at the C.M. of the L15 building. It is evident
that data are log-normally distributed because they follow a linear
trend; therefore, it is appropriate to represent the ‘‘mean’’ response
by the geometric mean (or median), instead of the average [46]. For
a log-normal distribution of a random variable, the geometric
^ Þ and median ðx50 Þ are given by the same equation:
mean ðl
^ ¼ el , where l is the mean of a log-normal distribution.
x50 ¼ l
Therefore, it is not misleading to use median instead of geometric
mean.
The MPS procedure proposed by Reyes and Chopra [29] (called
here ‘‘MPS-Sym’’) was developed and tested only for multi-story
symmetric-plan buildings. If this procedure is applied to the
unsymmetric-plan buildings of this investigation, the results are
not satisfactory as shown in Fig. 5 where story shears in y-column
(Fig. 2), normalized by peak values occurring at any ﬂoor from set
MPS-Sym are plotted against benchmark values (denoted as
‘‘Bench’’) for building T10; this ﬁgure also includes the results of
the proposed procedure (set EMPS). It is evident that set EMPS lead
to more accurate estimates of EDPs and lower record-to-record
variability than set MPS-sym demonstrating that the proposed
EMPS method is more appropriate for multi-story unsymmetricplan buildings. These conclusions are also valid for the other buildings and EDPs considered in this research.
In the scaling phase of the EMPS procedure, the scale factor SF
for each record in the direction under consideration is determined
by solving Eq. (1). In order to evaluate the accuracy of the EMPS
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Fig. 4. Probability plot of ﬁrst story drifts at the C.M. of structure L15 subjected to 30 ground motion records.

building L15. We selected this building because the modal participation factors Cn in the x-direction are: 0.872, 0.574 and 0.345
for the ﬁrst, second and third modes with largest modal effective
mass (modes used in the EMPS procedure) and in y-direction are
0.459, 0.887 and 0.172. Fig. 7 shows the roof displacement time
series in x-direction calculated by step 6 of the EMPS procedure
and by nonlinear RHA of the building subjected to bi-directional
excitation using two ground motion components of record #7.
For the EMPS procedure, this ﬁgure includes x-direction displacement as a result of the x-component of the ground motion (uxx in
Fig. 7a), and also as a result of the y-component of the ground
motion (uxy in Fig. 7b); Fig. 7c presents the total response
urx ¼ uxx þ uxy . The exact x-displacement calculated by PERFORM3D is included in subplots (a) and (c) as a bold line. Comparing
the EMPS results uxx with the exact values ðux ÞPerform3D obtained
from PERFORM-3D, it is evident that even in structures with modes
having large modal participation factors in both horizontal directions, the EMPS procedure leads to accurate estimates of the maximum roof displacement considering only the 3 modes with larger
effective modal mass and the modal response in the direction of
study (x-direction in this case). This is due to the fact that maximum values in the direction of analysis appear at different times
when the structure is subjected to x- or y-component of ground
motion. Similar results were observed for the other eight buildings
analyzed; these results are not shown due to space limitations.

y-column
Bench

MPS
Sym

EMPS

Benchmark
MPS-Sym
EMPS

0 0.5 1 1.5

0 0.5 1 1.5

0 0.5 1 1.5

Normalized Story shears
Fig. 5. Normalized story shears in y-column for T10 structure (see Fig. 2). In each
case, the marker and the horizontal line represent the median value of the
EDP ± one standard deviation r assuming a log-normal distribution; benchmark
EDP is repeated as dashed line for comparison.

ury(t), m

urx (t), m

procedure in the prediction of the roof displacement, Fig. 6 shows
the resultant roof displacement time series calculated by step 6 of
the EMPS procedure [30] and by nonlinear RHA of the building subjected to bi-directional ground motions for record #7 in Table 1;
also included in the ﬁgure are target roof displacements obtained
^r )
from step 5 of the EMPS procedure (horizontal dashed line u
and from nonlinear RHA of the building subjected to 30 un-scaled
^ rPerform3D ). The later correground motions (horizontal solid line u
sponds to the exact value of the target roof displacement. It is evident that the EMPS procedure approximately resembles roof
displacement time series, and adequately determines target and
maximum roof displacements.
The EMPS procedure considers only modal responses in the
direction of analysis. To demonstrate that the EMPS procedure is
accurate in determining the maximum roof displacement, even
in structures with modes having large modal participation factors
in x and y directions, the following example was developed for

6.1. R-plan structures
For R-plan structures having 5, 10 and 15 stories, Figs. 8 and 9
show story drifts at corner c1 (see Fig. 2) and ﬂoor velocities at
the C.M. The ﬂoor velocities are normalized by peak values
occurred at any ﬂoor. First, second and third columns of these ﬁgures show EDP values in x-direction for the benchmark, ASCE7
and EMPS procedures, respectively; the next three columns show

0.25

x-direction

0
-0.25
0.25

y-direction

0
Perform3D
EMPS

-0.25

0

5

10

15

20

25

Time, s
Fig. 6. Roof displacement time series in x and y directions at the C.M. for L15 building subjected to record #7: EMPS estimates vs. exact values.
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Fig. 7. Roof displacement time series in x-direction at the C.M. for L15 building.
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EDP ± r, assuming a log-normal distribution.
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value of the EDP ± r, assuming a log-normal distribution.

similar results in y-direction. The markers and horizontal lines represent the median EDP value ± one standard deviation r assuming
a lognormal distribution.1 For comparison purposes, the median
benchmark values are kept in all sub-plots as a dashed line. In order
to be consistent with comparisons of the EMPS procedure with the
ASCE, geometric mean was used for the ASCE7 procedure although
the ASCE7 requires mean. Use of ‘‘mean’’ instead of ‘‘geometric
mean’’ do not affect the conclusions—provided that ‘‘mean’’ is consistently used for both scaling methods [39].
As demonstrated in Figs. 8 and 9, the records scaled according
to the EMPS procedure provide median values of EDPs that are
much closer to the benchmark values than is achieved by the
ASCE7 scaling procedure; for example, compare columns 5 and 6
of Fig. 8. The maximum discrepancy of 30% in story drifts encountered by scaling records according to the ASCE procedure reduced
to 10% when these records are scaled by the EMPS procedure; like-

wise, the maximum error in ﬂoor velocities is reduced from 26% for
the ASCE7 scaling procedure to less than 7% for the EMPS procedure. The record-to-record variability is much less in EDPs due to
a set of records scaled by the EMPS procedure (columns 3 and 6
of Figs. 8 and 9) compared to the records scaled by the ASCE7 procedure (columns 2 and 5 of Figs. 8 and 9). Small ‘‘record-to-record’’
variability increases the conﬁdence level by indicating that records
scaled appropriately with the target spectrum thus impose similar
seismic demands. These results show that EDPs obtained from sets
EMPS represent a considerable improvement in accuracy and efﬁciency variability when compared to EDPs obtained from sets
ASCE7. Note that for these structures (without torsional irregularities b < 1:2), the ASCE7 procedure leads to large underestimations
in story drifts and ﬂoor velocities.

1
^ er , where l
^ is the median
16th and 84th percentile values are computed as l
value and r is the standard deviation of a lognormal distribution.

For L-Plan structures (1.2 6 b 6 1.4), the records scaled according to the EMPS procedure lead to more accurate estimates of

6.2. L-plan structures
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median values of EDPs than ASCE7 scaling procedure. This improvement in accuracy is demonstrated in Figs. 10 and 11 where story
drifts at corner c1 (Fig. 2) and normalized ﬂoor velocities at the center of mass due to records scaled and selected according to EMPS
and ASCE7 procedures are shown together with benchmark values.
For story drifts and ﬂoor velocities, ASCE7 procedure yields to over
20% errors in all cases. For this scaling procedure, the smallest error
occurs when b ¼ 1:2 (L10 building). The error in the EMPS procedure tends to decrease when the natural period of the structures
increases. The maximum discrepancies encountered by scaling
records according to the ASCE7 procedure are reduced when these
records are scaled by the EMPS procedure; for example, the error
in story drifts and ﬂoor velocities decreases from 28% to 8% and from
28% to 4%, respectively as compared to the benchmark values.

The ASCE7 procedure generally underestimates story drifts in lower
stories and velocities in upper stories. In contrast, the EMPS procedure provides a more accurate estimate of story drift and ﬂoor
velocity demands in all stories of these buildings because it considers structural strength and higher-‘‘mode’’ contributions to the
response; for example, compare columns 5 and 6 of Fig. 12. Even
for T-plan structures with extreme torsional irregularities
(b > 1.4), the EMPS procedure is highly accurate and efﬁcient. For
instance, compare columns 5 and 6 of Fig. 12 for building T10; for
this building, the maximum discrepancy of 37% in story drifts
encountered by scaling records according to the ASCE7 procedure
is reduced to around 1% when these records are scaled by the EMPS
procedure; the same behavior is evidenced by Fig. 13 where the discrepancy in ﬂoor velocities is reduced remarkably from 29% to 2%.

6.3. T-plan structures

6.4. Other EDPs

Similar to the results for R- and L-plan structures, EDPs obtained
from sets ASCE7 are less accurate than those obtained from EMPS.

Floor accelerations at the center of mass for the 5-story buildings are shown in Fig. 14. These accelerations are normalized by
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EDP ± r, assuming a log-normal distribution.
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peak values occurred at any ﬂoor. Similar to the results shown previously, ﬂoor accelerations obtained from sets ASCE7 are less accurate than those obtained from EMPS. For R05 building the

maximum discrepancy of 18% in ﬂoor accelerations encountered
by scaling records according to the ASCE7 procedure is reduced
to a maximum of 6% when these records are scaled by the EMPS
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procedure. In the same way, for L05 and T05 buildings, the error is
reduced from 15% to 2% and 20% to 9%, respectively. In this paper,
representative results are shown; additional results are available in
Refs. [40,41]. Note that even in regular structures (R-plan buildings) where the response is dominated by the ﬁrst-‘‘mode’’ of
vibration (Fig. 3), the ASCE7 scaling procedure does not offer
improvement in the demand estimates (columns 2 and 5 of Fig. 8).
Representative results for rotation ductility demands in girders
for the following buildings: R05, R10, L10, L15, T05 and T10 are
shown in Fig. 15 (due to space limitations, results for buildings
R15, L05 and T15 are not shown); selected girders are highlighted
in Fig. 2 by a diamond and triangle marker. Rotation ductility
demands l were calculated as 1 þ hp =hy , where hp is the plastic
hinge rotation and is hy the yield rotation. Because we found that
l is not log-normally distributed, the marker in Fig. 15 represents
the median value of the EDP data and the horizontal line denotes
the interval of ductility demand values between the ﬁrst and the
third quartile of the data. It is evident that maximum discrepancies
encountered by scaling records according to the ASCE7 procedure
are reduced when these records are scaled by the EMPS procedure.
This ﬁgure conﬁrms that the ASCE7 scaling procedure tends to
underestimate ductility demands with errors between 20% and
43% in most cases. For building R05, the maximum discrepancy
of 27% in ductility demands observed by scaling records according
to the ASCE7 procedure, is reduced to around 1% when these
records are scaled by the EMPS procedure; comparable results
were obtained for building R10. For L-plan structures, the maximum error in buildings L10 and L15 decreases from 29% to 6%
and from 43% to 8%, respectively. Similarly, for buildings T05 and
T10, the maximum discrepancy of 21% and 28% in the ASCE procedure is reduced to less than 1% and 7%, respectively.
In summary, based on the results presented in Figs. 8–15, the
extended EMPS procedure offers a sufﬁcient degree of accuracy
that should make it useful for practical application in estimating
seismic demands—ﬂoor displacements, velocities, accelerations,
story drifts, internal forces—for multi-story unsymmetric-plan
buildings due to two horizontal components of ground motion
applied simultaneously. By including structural strength and contributions of all signiﬁcant modes of vibration, EMPS is able to adequately capture variation of EDPs.

7. Conclusions
In this study, the MPS procedure has been extended to multistory unsymmetric-plan buildings in order to select and scale
ground motion records to be used in nonlinear RHA. The accuracy
of the extended MPS procedure was evaluated against the ASCE/SEI
7-10 scaling procedure by comparing the median values of engineering demands parameters (EDPs) due to a set of seven records
scaled according to both procedures against the benchmark values.
The efﬁciency of the scaling procedures was evaluated by computing the dispersions of the responses as a result of scaled ground
motions; small dispersion indicates that the scaling procedure is
efﬁcient. A set of nine multi-story unsymmetric-plan buildings
was selected for testing. This evaluation of the EMPS procedure
has led to the following conclusions:
1. In the ASCE7 ground motion scaling procedure, the limit 1.5T1 is
intended to consider period elongation due to stiffness degradation; however, even with this consideration, target spectral
acceleration values used for scaling ground motions still remain
elastic. EMPS procedure overcomes this issue by considering
the inelastic target deformation value. The target value of
inelastic deformation may be estimated by either (1) performing nonlinear RHA of the inelastic SDF system to obtain the peak

2.

3.

4.

5.

deformation associated with each ground motion, and then
computing the median of the resulting data set; or (2) multiplying the median peak deformation of the corresponding linear
SDF system, known from the median response spectrum, by
the inelastic deformation ratio, estimated from an empirical
CRn equation (e.g., [19]). If there is lack of recorded motion for
a speciﬁc hazard conditions, user may estimate the target deformation value using an empirical CRn equation.
Ground motion selection and scaling are two different processes. The ASCE7 scaling procedure does not consider spectral
shape for ground motion selection; spectral shape is only considered for scaling to ensure that the average spectrum of scaled
records is above the design spectrum between 0.2T1 and 1.5T1.
However, in the EMPS procedure, spectral ordinates at highermode periods are considered effectively in selecting the ﬁnal
set of scaled records to be used in RHAs.
The extended MPS procedure is much superior compared to the
ASCE7 procedure for scaling two components of ground
motions. This superiority is evident in two respects. First, the
ground motions scaled according to the EMPS procedure provide median values of EDPs that are much closer to the benchmark values than is achieved by the ASCE7 procedure. Second,
the dispersion (or record-to-record variability) in the EDPs
due to seven scaled records around the median is much smaller
when records are scaled by the EMPS procedure compared to
the ASCE7 scaling procedure. Small dispersion increases
conﬁdence.
In all cases, ASCE7 leads to underestimation of story drift, ﬂoor
velocities and accelerations. Even for structures that respond
dominantly in the ﬁrst-‘‘mode’’, the ASCE7 scaling procedure
does not offer improvement in the demand estimate as compared to the benchmark results.
The ASCE7 procedure uses the same scaling factor for both components of ground motion; the use of the same scale factors for
each component provides inaccurate estimates of the median
EDPs in one or both horizontal directions. In contrast, the EMPS
procedure allowing for different scaling factors for x and y components, provides an accurate estimate of the median EDPs and
reduces the record-to-record variability of the responses.
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